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Let E be an ideal of L° over o-finite measure space (Q,%,1) and let
(X,|I'llx) be a real Banach space. Let E(X) be a subspace of the space L°(X)
of p-equivalence classes of all strongly »-measurable functions f : @ — X
and consisting of all those f € L°(X) for which the scalar function f = ||f(-)|x
belongs to E. Let E be equipped with a Hausdorff locally convex-solid topology
7 that is generated by a family {p, : « € A} of Riesz seminorms on E. For
each a € A let po(f) = pa(f) for fe€ E(X). Then {Pg : « € A} generates
the so-called associated topology 7 on E(X).

In the paper we characterize some topological properties of (E(X),7) in
terms of appropriate topological properties of (E,7) and (X,||y). In par-
ticular we give necessary and sufficient conditions for the space (E(X),T) to
be an order closed ideal of its bidual space (E(X );)% As an application we
obtain the following characterization of perfectness of the space E(X): E(X)
is perfect iff E is perfect and X is reflexive.



